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In the above paper, the proof of Lemma 3.2(iii) is incorrect. However, we can modify it by
choosing a mollifier which fulfills an additional condition, as will be seen below.
Lemma 3.2(iii) appears in the process of constructing a C∞ map Φ :Rn+ → Ω for a special
C1 domain Ω = {x = (x′, xn) ∈ Rn: xn > φ(x′)} from the function φ˜(x) = ρxn ∗ φ(x′) with a
mollifier ρ ∈ C∞0 (Rn−1) satisfying
suppρ ⊂ {x′ ∈ Rn−1: |x′| < 1}, ∫
Rn−1
ρ(x′) dx′ = 1, (0.1)
and asserts the inequality
∣∣∂αφ˜(x)∣∣ C(n,α)x1−|α|n ωΩ(xn), |α| 2.
Here ρε(x′) = ε1−nρ(ε−1x′) for ε > 0 and ωΩ is a function associated with the moduli of con-
tinuity of the derivatives ∂iφ, 1 i < n.
We proved Lemma 3.2(iii) by showing
∂αφ˜(x) = x1−|α|n
n−1∑
i=1
∫
Rn−1
ρi(z
′)
{
∂iφ(x
′ − xnz′) − ∂iφ(x′)
}
dz′, |α| 2,
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∂αφ˜(x) = x−|α|n
n−1∑
i=1
∫
Rn−1
ρ
(ei)
i (z
′)φ(x′ − xnz′) dz′, |α| 2 (0.2)
with ρi ∈ C∞0 (Rn−1), 1  i < n, satisfying
∫
Rn−1 ρi(z
′) dz′ = 0, where ei ∈ Nn−10 denotes the
unit vector whose ith component is 1. However, expression (0.2) does not always hold only
under conditions (0.1).
In order to resolve this problem, we should assume that ρ is an even function, that is, ρ(−x′) =
ρ(x′) in addition to (0.1). Clearly it is possible to take an even function ρ satisfying (0.1). Then
we can obtain (0.2) as follows. By the relations
∂iρε(x
′) = ε−1(∂iρ)ε(x′) (1 i < n), ∂
∂ε
ρε(x
′) = ε−1(Tρ)ε(x′),
where Tρ(x′) = −∑n−1i=1 ∂i(xiρ(x′)), we have
∂αφ˜(x) =
{
x
−|α|
n
∫
Rn−1(∂
(α′,0)ρ)(z′)φ(x′ − xnz′) dz′ (αn = 0),
x
−|α|
n
∫
Rn−1
∑αn
k=1 Cαn,k(∂(α
′,0)T kρ)(z′)φ(x′ − xnz′) dz′ (αn = 0)
for α = (α′, αn) ∈ Nn0, |α| 2 with some constants Cαn,k .
If αn = 0 and therefore there is an integer j such that 1 j < n and αj  1, we get (0.2) by
setting ρj = ∂(α′−ej ,0)ρ and ρi = 0 for i = j , since α′ − ej > 0. If αn > 0 and α′  ej with
1  j < n, we get (0.2) by setting ρj = ∑αnk=1 Cαn,k∂(α′−ej ,0)T kρ and ρi = 0 for i = j .
If α′ = 0, we get (0.2) by setting ρi(z′) = −∑αnk=1 Cαn,kzi(T k−1ρ)(z′) for 1  i < n, since∫
Rn−1 ρi(z
′) dz′ = 0 follows from the fact that zi(T k−1ρ)(z′) is an odd function. Thus we com-
plete the proof of Lemma 3.2(iii).
